Theorem 1 (Dominated convergence of Lebesgue) Assumethat g isanintegrable
function defined on the measurable set E and that ( f,;)nen IS a Sequence of measur-
able functions so that | f,| < g. If f is a function so that f, = f almost everywhere
then

lim h:fﬁ

Proof: The function g — f;, is non-negative and thus from Fatou lemma we have
that [(g — f) < liminf [(g — f,,).Since | f | < g and | f,,| < g the functions f and
fn are integrable and we have
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Bewpnua 2 (Kuprapynuévig cVykAiong tov Lebesgue) Eotw dtin g siva pia
oAoKANpWaoLUn cUVAPTNON 0PLoUEVH 0TO UETPTioLuo oUvoAo E kat 1 (f)nen ElvaL
uta akolovBia petpriowv cuvaptrioswy Wote | f| < g. YmoBétovue otL vtapyet
uta ouvdptnon f dote n (fy)neny vV TEVEL 0TV f oYV TAVTOU. ToTE
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Amnddeién: H ouvaptnon g — f,, elvat un apvntikn kot dpa amod to Appa tou Fatou
Vel [(f — g) < liminf [(g — f,). Emedn | f | < g x| f| < g oL f kau f;, ebvan
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